An equivalence is established between the category of at most aramified finite separable extensions of a complete discrete valuation field K and the category of at most a-ramified finite extensions of the "length-a truncation" O K /m a K of the integer ring of K.
Introduction
Let K be a complete discrete valuation field (abbr. cdvf in the following), O K its valuation ring, and m K its maximal ideal. Let a be an integer ≥ 1. In this paper, we prove that the category FE 
3.2). The morphisms in FFP ≤m
A are defined (cf. Def. 3.3) by using Hattori's functor ( [6] ); they are the usual A-algebra homomorphisms modulo a certain equivalence relation.
areétale over A. Thus our main interest is in the case a > 1.
(ii) Let G K = Gal(K/K) denote the absolute Galois group of K, and G a K its ath ramification subgroup defined by Abbes and Saito ( [2] , [3] 
A finiteétale K-algebra is the direct product of a finite number of finite separable extension fields of K. Similarly, a finite flat principal A-algebra is the direct product of a finite number of local objects (cf. [9] , Th. 1.1, Th. 1.2). Since the boundedness of ramification of direct products of K-and Aalgebras may be considered componentwise, the above Theorem is equivalent with the following Corollary, in which FE This problem is a version of the Grothendieck conjecture in anabelian geometry. It will certainly be necessary to assume that the residue fields of A and A are either finite or of some "anabelian" nature. For the case of local fields (or, the case of "a = ∞" and finite residue fields), see [10] and [1] .
In Section 2, we study basic properties of truncated discrete valuation rings. After recalling some basics of the ramification theory of Abbes-Saito ( [2] , [3] It is our pleasure to dedicate this paper to Professor Jean-Pierre Serre, whose mathematical influence on us has been enormous. In particular, the Book Corps Locaux has ever been our main source of inspiration in ramification theory.
Truncated discrete valuation rings
A tdvr is an Artinian local ring whose maximal ideal is generated by one element. The length of a tdvr A is the length of A as an A-module. It is known that a tdvr A is principal, and any ideal is of the form m In the general case, we can write A as a quotient of the polynomial ring W [X] by sending X to π A . Then we obtain a surjection onto A from a cdvr O which is finite over W by the same procedure as in the proof of (ii) below.
(ii) Since B is finite over To prove Theorem 1.1, we recall the following lemma due to Hattori ([6] , Lemma 1): 
By Lemma 3.4, we have
It follows from our definition (2) It can also be shown that, if B is local, then for given f and f , the equality ξ(α • f ) = ξ(α • f ) holds for all α ∈ Hom A (B , A) if it holds for some α.
